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A new game

“Future theorem” (Gappo-M, 2024)
The following are equivalent (over ZFC):

@ There is a canonical inner model with a top measure and a limit of
Woodin cardinals A such that the order type of Woodin cardinals
below A is A.

e The games G(C) are determined for any C' C <“'R that is <w? — II1
in the codes.
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Two scenarios

Long games
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Uncountable games

Be careful: The determinacy of arbitrary uncountable games is
inconsistent with ZF (Mycielski, 1964).
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Uncountable games

Be careful: The determinacy of arbitrary uncountable games is
inconsistent with ZF (Mycielski, 1964).
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Theorem (Neeman, 2004)

Suppose there is an iterable proper class model with a Woodin cardinal
that is a limit of Woodin cardinals and countable in V. Then all games
ending at wy in L of the play with payoff sets that are O(<w? —I1}) in the
codes are determined.
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Uncountable games

Theorem (Woodin)
The following theories are equiconsistent:

e ZFC + all ordinal definable games of length wy on natural numbers
with real parameters are determined.

o ZFC + all games ending at wy in L of the play with payoff sets that
are O(<w? —TI1) in the codes are determined.
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Two scenarios
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